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Abstract: In this short note a correct proof of Theorem 3.3 from [Tărnăuceanu M., Solitary quotients of finite groups, Cent.
Eur. J. Math., 2012, 10(2), 740–747] is given.
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1. Introduction

One of the main results of [2] is Theorem 3.3 which gives a complete description of the lattices Sol(G) and QSol(G) for
a finite abelian group G. Its proof heavily depends on the first statement of Proposition 2.3, which unfortunately is not
correct (the direct product G of a dihedral group of order 6 with a dihedral group of order 10 constitutes a counterexample
to it). A correct (and equally beautiful) proof of Theorem 3.3 has been suggested by Professor Roland Schmidt. It is
based on Proposition 3.1 of the same work and on the following

Theorem.
Let G be a finite abelian p-group and let H ≤ G. If H ∈ Sol(G), then H = Ωn(G) where pn = exp(H).
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2. Proof of Theorem

Let pn = exp(H) and let x ∈ H be such that o(x) = pn. Then H ≤ Ωn(G). Assume that H < Ωn(G). Since Ωn(G) is
generated by the elements of order pn in G, there exists y ∈ Ωn(G) such that o(y) = pn and y 6∈ H. By a well-known
theorem on abelian groups, see e.g. [1, 2.3.11], there exist K, L ≤ G such that Ωn(G) = 〈x〉×K = 〈y〉×L. By Dedekind’s
law, H = 〈x〉× (H ∩K ). Since L and K have the same type, there exists L1 ≤ L with the same type as H ∩K . It follows
that 〈y〉×L1 and 〈x〉× (H ∩ K ) = H are isomorphic. Since y 6∈ H this contradicts the fact that H ∈ Sol(G). Thus
H = Ωn(G), as desired.
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